We see easily that | UiG) | = p\°l~1 and that UiG) is in fact a normal Sylow p-subgroup of the full group of units in P [G] . If G is abelian, then UiG) is abelian and its structure is therefore basically simple.
On the other hand if G is nonabelian then the structure of UiG) becomes immediately very complicated.
As an indication of this fact we offer the following results.
Theorem. // G is nonabelian, then ZP \ Zp is involved in UiG).
Corollary.
If G is nonabelian, then UiG) is not regular.
The corollary follows immediately from the theorem since regularity is inherited by subgroups and quotient groups and since Zv \ Zp is known to be nonregular. We remark that the corollary is trivial for p = 2 since a 2-group is regular if and only if it is abelian. On the other hand the proof of the theorem for p = 2 requires the consideration of several special cases. For these, the following lemma is convenient. Here we let o(x) denote the order of an element x.
Lemma. Let x and y be noncommuting elements of a 2-group P. Suppose that o(x), o(y) ^4 and furthermore that if o(x)=o(y)=4 then (x)(~\(y) = (1). Then Zi \ Z2 is involved in P. and (x)C\(y) = (l). We can clearly assume that (x, y2) = (y, x2) = 1 so x2 and y2 are central in (x, y). Certainly (x, y) cannot equal both x2 and y2 so if (x, y) y±x2 then (x, y)/(x2) contains two noncommuting elements one of order 2 and the other of order 4. The result follows.
We now proceed to prove the theorem. There are three cases to consider, the first two being of a special nature. 
